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Bibliography of Bernoulli's Numbers. 

Bt Q. S. Ely, Fellow in Mathematics, Johns Hopkins University. 



The numbers of Bernoulli were first discovered by James Bernoulli, and 
the earliest mention he makes of them is in the Ars Canjectandi in connection 
with expressions for the sums of the powers of the natural numbers. Since 
then other uses of the numbers have been found, of which may be mentioned 
the expansion of various trigonometrical functions, Stirling's formula for the 
approximate value of the continued product of the numbers from 1 to «, and 
the Maclaurin sum-formula. It may not be out of place to mention the special 
points about which the most has been written ; they are the Staudt or Clausen 
theorem concerning the divisors of Bernoulli's numbers, expressions for the 
sums of the powers of the natural numbers, various expansions by means of 
Bernoulli's numbers, expressions for the numbers in terms of definite integrals, 
relations existing between the numbers and the legitimacy of the use of the 
Maclaurin sum-formula, the latter point being one which Professor Sylvester 
characterizes as much the most important in the whole subject of Finite Differ- 
ences. In the following bibliography of Bernoulli's numbers, which the author 
does not by any means regard as complete, will be found titles of such of the 
papers on the kindred subjects of Euler's numbers and the A™ 0" class of numbers 
as have come under his eye and seemed to him to have sufficient bearing on the 
subject to warrant their introduction. Additions to the list may be made in 
some future number of the Journal. 
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Clausen's Theorem respecting the fractional parts of these numbers : Proc. Gam. 
Phil. Soc., ii, 269. 1872. 

Table of the first sixty-two numbers of Bernoulli : Grelle, Ixxxv, 269. 

1878. 
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